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Abstract . The goal of this paper is to establish the existence and nonexistence of
positive solutions to differential equations of order p

w(p)(x) + a(x)f(w(x)) = 0, x ∈ [0, 1],

satisfying non-homogeneous integral boundary conditions

w(i)(0) = 0, i = 0, 1, 2, ..., p− 2, w(r)(1)− η
∫ 1

0
g(τ)w(r)(τ)dτ = λ,

where r ∈ {1, 2, · · ·, p− 2} but fixed, p ≥ 3 and η, λ ∈ (0,∞) are parameters, using
the Guo–Krasnosel’skii fixed point theorem.

1. Introduction

The theory of differential equations has been used in modeling of physical, biological
and medical sciences as well as economics to find optimum investment strategies. In
analyzing real world problems, many mathematical models give rise to either initial value
problems or boundary value problems. A particular class of problems involving integral
boundary conditions arise in thermoelectricity, chemical engineering, plasma physics,
and other fields. In these applied settings, only the positive solutions are relevant. To
mention a few papers dealing with problems involving integral boundary conditions, see
[5, 8, 1, 10, 7] and for the problems involving non-homogeneous boundary conditions,
see [2, 11, 13, 9]. The results are now extended to the problem together with non-
homogeneous integral boundary conditions.

2010 Mathematics Subject Classification. 34B15, 34B18.
Key words and phrases. Differential equation, integral boundary conditions, kernel, positive
solution, existence and nonexistence.
The authors thank the referees for their valuable suggestions and comments.
†Corresponding author.
Communicated by. Paul W. Eloe

119


